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Mathematics. Exll'l1ct of a Ieitel' of Mr. V. WIJ.J.IOl', to the Acaclemy. 

In his &plenchd work entitled : "'fhéode, pl'0pl'iétés, for111ules de 
tm!1sfûrl11atiOl1 et méthodes cl' évalnation des Îlltégrales c1éfinies" 
Mr. BmRENs DE HAAN takes as basis to determine the general fOl'111nlae 
(143, 144, 145, 146) of page 134 a deflnite discontinûon& integral 
the valne ot' which has been established farther on in the work 
(partie lIl, Méthode 9, N°. 16) at page 333 as 

n 
"2 j01'P >'1 

<:rJ 

J dllJ 3'e, 
sin (plIJ) cos (qllJ) - = - .101' P = q . (1) 

.?J 4: 
o 0 j01'P < '1 

ihe "aIne with respect to 1he discontinuily p = q being the mean 
of the extreme values. 

But he gives this resnlt on page 133 in the form 
<:rJ 

J dtv 3'e 
sin 1'.?J C08 q./J - =- j01' q < l' 

.?J 2 _ 

o 0 j01' '1 > l' 
so that in the coniinuation of bis cledllction we fincl that Ihe term 
COl'l'eSl)onding to q = l' mnounts io double the "aIne of the real 
value anel that tho general formnlae of page 134 are to he l'octified 
in t11is way as well as ihe applications. 

Particlllnrly on page 639 for111uIa 1900 \VO find 
<:rJ 

J sin .?J cos am 3'e ~ 3'e pa-1 
-------- d.'IJ = -.2: pll = - --, 
1-2p cos lIJ+p2 lIJ 2p a ~ 1-p 

o 

whilst ihe exact vflJue of this intogml is 

___ + pn + pa+1 + prc+2 + .... =_ p(C-l __ . 3'e [pa-l ] 3'e 1 +p 
2 2 4 1-p 

And rcally writing aftel' l11ultiplicatiol1 by p: 

'" J p sin.'IJ cosa.'IJ n l+p 
_--='--__ ---:: -- dm = - pa -- , 
1-2p 0081V+p2 lIJ 4 1-p 

o 
it is sllfficiont 10 develop the flrst factor of ihe fllnction of wlnd1 
the illlegral is 10 be fOllnel 

psin.'IJ ~. = .:s p7e .~zn kv 
1- 2p co~ .v+ p~ 1.=1 

to l'ofinel by 1110ans of ilw in tcg ral (1) tho developmcnL of tho SOCOllCl 
term of tho equation: 
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~ pn l+p =~[pn + pa+l + pl!+2 + .... ]. 
4 l-p 2 2 

lt was in looking fol' a way to place in a form of a clefinite 
integral the general term of t11e series of I.JAlIlBERT modified by 
CLAUSEN: 

aJ 

l+tI: JI
" 4Jsin a cos (n+l) a da 

1+.1;71 <'I:"-=:ir 1-2.vn cos a+tu2n -;; 
o~ 

that I fonnd this error. 
It is easily seen t.hat the recttflcation has to be extended to t.he 

whole N°. 12 of the methocl 41 of which the above mentioned 
integral forms a part alld to any other application of the general 
formulae of page 134. 

This paper was given t.o Dl'. J. C. KWYVER, who made the follow
ing communication about it.: 

The remarks of Mr. W ILLIOT are on the whole correct. In the 
"Exposé ·de la Théorie etc." of BmuENs DE lIAAN we really find on 
page 639 

aJ 

--cl,v=-l sin tIJ cos a,v :r: pa-l 

1-2p cos .v+p'.v 2 l-p 
o 

allel this is incorrect whether a is an entÎl'e munber or not. 
l\Ir. WILLIOT now glves as an answer 

:ir l+p _pa-l __ , 
4 I-p 

allel that will do for a as an entÎl'e munber. 
In the mean while he might have obsel'vecl tlw,t this l'esult neither 

holels gooel for a (noL an enLlre number) anel that we finel for any 
posslble po&itive a: 

p<l: 
:ir P [a-a] +p [a+a] 

4 l-p 

:ir p-[a-a] + p-[a+rl'] 
p>l: 

4 p (p-l) 

(IIere [a] mean., the greaLest enLh'e nmuber smaller than a). 

(Ootober 27, 1903). 


