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gefunden werden. Wegen der Identitat

b D, b
"_‘d—(a, Q)+R‘
ist alsdann entweder —g%:—g~ und also
a_'-g—:Rsy
P, p - . .
* oder a -+ a also |P,Q—PQ,| =1 und somit wegen (9):
b 1 - 1 1
4 ”6 BQQS iRs‘/ZQQ /2lel,
so dass in jedem Fall
P 1
_— — R ¢ 1)
4 Q I ,2 2 lRS| M M ( )

folgt.
Wenn nun aber Q und also auch s geniigend gross ist, so gilt wegen

(9) und (7)

s—2
—ias Im _ m
_é_ < q 3 (q Dq ’
und wegen (10) und (4)
p —Easqm
|74 '
also erst recht
248
(B): o-—é){‘}Q qllm 1

Damit ist bewiesen:
‘Satz 2: Alle Néaherungsbriiche von ¢ mit geniigend grossem Nenner
geniigen der Ungleichung (B). Die Zahl o ist also Nicht-Liouvillesch.

Herrn Dr. med. A. HEILBRONN gewidmet.

Krefeld, Marz 1937.

Mathematics. — Two remarks on VAN DER CORPUT's generalisation
of KNoPP's inequality. By V. LEVIN. (Communicated by J. G. VAN
DER CORPUT).

(Communicéted at the meeting of April 24, 1937),

1. Let a,=o (not all a,=0), 0<u<1, ¢>0, 0<p=1. Then
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where 0 <1==4(u, p, q) <1 is uniquely determined by
_(gtDA oFt ,
u = qT:]L—]‘“'“. e e e e e PO (1, 1)

The sign of equality in (1) holds for a, = c4" (¢>>0). VAN DER CORPUT's
inequality ') is (1) with p==1, in which case u==1 is admitted (KNOPP's
inequality). But for p==1, u==1 equality cannot occur in (1), the constant
q + 1 remaining, however, the best possible.

The proof of (1) runs as follows:
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1) “Generalisation of an inequality by KNOPP", these Proceedings 39:(1936), 1053£1055.




M

430 431
To prove that (2) is a sharp inequality it is sufficient to take a,—x"

by (1, 1). Hence
0 (0<<x<1) and let x—1.

o o 1= -
F)=(qi+1 )% > a gpg > /1"% ! The proof of (2. 1) proceeds from (2.2) as follows:
=0 n=0
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2. From his inequality VAN DER CORPUT?) deduces the following: | ,
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where (m—2) is not the best possible constant?). We prove 1 ¢ = a. q ~
dt —arl, ) 3 B
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where the factor 1 of the right hand side is the best possible one. Also
Botany, — On the influence of aggregation on the transport of asparagine

and caffeine in the tentacles of Drosera capensis. L. By W. H,

) a1 n n |
5 - _:_ ; ( ©) S‘) ! ...af")>(q+l) < g:};ll g(q+1) ~_+jl (2.1) ARrisz and J. OupmaN, (Communicated by Prof. J. C. SCHOUTE).
n=0
but here q+1 log (g + 1) is not the best possible constant *). (Communicated at the meeting of April 24, 1937).
q
Both (2) and (2. 1) reduce to identities for q —> 0. § 1. Introduction,
Proof of (2): , Most of the investigators who have occupied themselves with the
1 carnivorous nutrition of Drosera are of the opinion that the tentacles play
® i ( (0) (7)™ (:))“”1)" a part in the absorption by the leaf of the animal substances split by
,,,2:0 n+1 ! S enzymes. (For literature see QOUDMAN). MANGENOT also assumes a trans-
. : 1 " /n . - 1 n g\ port through the tentacles, and considers that aggregation has something
. ( )q”—mam: 2_‘ a,qm %’ wq_—l(m) (—*+‘1> : to do with this. HOMES sees more connection between aggregation and
n=o n+1(g-+1) m m=0 n=m Tt q 2.2) secretion, More especially the phenomena of aggregation and secretion
1 ! ' ~ point to the substances being taken up by the tentacles. SCHMID and
=(q -+ 1) fl +—f dt < 2‘ amj tm(q + 1—q#) dt _ RUSCHMANN demonstrated that phosphorus and potassium were present in
. the tentacles after nutrition, whilst prior to it they were not so, or only in
; small quantities. A, Kok investigated the absorption of caffeine by the
—_ 3 _m+2+gq a,. tentacles and the rapidity with which this substance penetrated from
n=o (m 1) (m +2) which she concluded that this process is a diffusion process, QUDMAN
- investigated the absorption of asparagine and caffeine quantitatively by
?) Loe. cit. 1% 1 \ means of the Micro-Kjeldahl method. His experiments showed that if
3) The best possible constant in this inequality lies thus between fé’i’éﬁf log 1= agar with asparagine or caffeine were placed carefully on the marginal
== 1.082... and w—2 = 1.141.... The lower limit is obtained by taking an= x2#{0<x<]). tentacles, the leaf a few hours later has become richer in nitrogen. In 24
logTL- ' hours with equimolecular solutions about 114 times as much caffeine was
%) The best possible constant in (2.1) for q==1 lies between Max x =¥ =1.260.. taken up as asparagine. OUDMAN (1. c. p. 405) discusses the possibility

|

0<x<1 log;—— % of this being connected with the pathway of the movement of both
.
|

and 2log 2 =1386..., the iower limit being obtained by taking an = x2n, . substances, that for caffeine being more especially the vacuole angd for






